Wildeshaus and others have pointed out to me that it is not obvious that the descent maps on a Shimura variety given by Langlands's Conjugacy Conjecture (Langlands 1979, Section 6) satisfy the continuity condition required for the descent to be effective. The following provides one proof of this (maybe not the best). Since the family (f σ ) satisfying the conditions (a,b,c) below is unique (by the same argument that proves the uniqueness of the canonical model), it had better satisfy the continuity condition if the canonical models are to exist.
Let (G, X) be a pair satisfying the axioms (2.1.1.1-2.1.1.3) of Deligne 1979 to define a Shimura variety Sh(G, X). We let [x, a] denote the point in Sh(G, X)(C) defined by a pair (x, a) ∈ X × G(A f ). Let E = E(G, X) be the reflex field of (G, X). For a special point x ∈ X, let E(x) ⊃ E be the reflex field for x and let
be the reciprocity map defined in Milne 1992 , p164 (inverse to that in Deligne 1979 .
Consider the following conditions on a family of morphisms From Langlands's Conjugacy Conjecture, one obtains a (unique) family (f σ ) satisfying (a,b,c) (Langlands 1979; Milne and Shih 1982, Section 7, especially the proof of 7.14). Thus to prove the existence of a canonical model, it remains to show that the family (f σ ) does arise from some model of S over E (which will then automatically be canonical), and for this it suffices to verify that the f σ satisfy certain "continuity" conditions so that one may apply Theorems 7 and 1 of Weil 1956.
The usual arguments (passing to a connected component, applying the trick of Borovoi and Piatetski-Shapiro, etc.-see, for example, Milne 1983, Section 4) allow one to assume that there is a special point x ∈ X and a finite set of injective morphisms (H i , Y i ) → (G, X) such that (a) each pair (H i , Y i ) defines a Shimura variety, and H i is of type A 1 ; (b) the special point x lies in each Y i and the tangent space to Sh(G, X) at x is generated by the images of the tangent spaces of the Sh(H i , Y i ) at x.
It is now easy to see that the maps f σ satisfy the required continuity conditions. For example, let K be a compact open subgroup of G(A f ). For each i, there exists a compact open subgroup
is a closed immersion (Deligne 1971, 1.15 ). The variety Sh K will have a model 1 S K over some field k having finite transcendence degree over Q al . After possibly passing to a finite extension of k, we may suppose that the closed immersions
given by its canonical model). Let σ ∈ Aut(C/Q al ) be such that the fields k and σk are independent over Q al . Then the morphism f σ : σSh K (G, X) → Sh K (G, X) is defined over k · σk because its restrictions to the σSh K i (H i , Y i ) are, and they are Zariski dense in σSh K (G, X). Now we may apply Weil 1956, Theorem 7 , to prove that Sh K (G, X) has a model over Q al splitting the descent datum (f σ |σSh K (G, X)) σ∈Aut(C/Q al ) . We now have a canonical model of Sh(G, X) over Q al and a family of maps f σ : σSh(G, X) → Sh(G, X) satisfying the conditions (a,b,c) . A similar argument to the above allows us to descend from Q al to E(G, X).
Remark: It may be possible to avoid recourse to the subvarieties Sh(H i , Y i ) by making greater use of the special points and perhaps exploiting that Sh(G ad , X ad ) has no automorphisms, but I haven't seen how to do this. In any case, the above argument is in the spirit of the proof of Langlands's Conjugacy Conjecture. Milne, J.S. 1983 . The action of an automorphism of C on a Shimura variety and its special points, Prog. in Math., vol. 35, Birkhäuser, Boston, pp. 239-265. Milne, J.S. 1992 . The points on a Shimura variety modulo a prime of good reduction, in The Zeta Function of Picard Modular Surfaces (Langlands and Ramakrishnan, eds), Les Publications CRM, Montréal, 
